This result is presently known only in very special cases when both D and K have a particularly simple form. For example, the fundamental paper of Kohn [5] reveals that if Ω, and Ω 2 are two smooth bounded strictly pseudoconvex domains in C" (n > 2) such that Ω 2 C C Ω 1? then the 3-Neumann problem for the domain Ωj -Ω 2 is subelliptic. Kohn's formula, P -I-3*7V3, which relates the Bergman projection P to the shows that the Bergman projection associated to Ω, -Ω 2 satisfies global regularity estimates. Recently, Derridj and Fornaess [3] have shown that if Q x and Ω 2 are two pseudoconvex domains with real analytic boundaries in_C" with n > 3 and Ω 2 C C Ω 1? then the Θ-Neumann operator for Ω, -Ω 2 satisfies_subelliptic estimates. Hence, the Bergman projection associated to Ωj -Ω 2 satisfies global estimates in this case, also.
In Bell and Boas [2] , it is proved that the Bergman projection associated to a smooth bounded complete Reinhardt domain satisfies global regularity estimates. Thus, there are more subtle examples of nόn-pseudoconvex domains for which regularity of the Bergman projection holds than those addressed by the theorem of the present work. Recently, the techniques used in [2] have been refined by David E. Barrett [1] to prove that the Bergman projection associated to a smooth bounded domain with a Lie group of transverse symmetries satisfies global regularity estimates.
The question as to whether or not the Bergman projection associated to a domain satisfies global regularity estimates is very important in problems relating to boundary behavior of holomorphic mappings (see [2] ).
The Bergman projection P associated to a bounded domain We shall say that a bounded domain D satisfies condition R whenever P is a continuous operator from C°°(D) to C°°(D). We can now state the main result of this paper.
) is a smooth bounded domain which satisfies condition R and K is a compact subset of D such that D -K is connected, then D -K satisfies condition R.
Examples of domains for which condition R is known to hold include smooth bounded strictly pseudoconvex domains (Kohn [5] ), smooth bounded pseudoconvex domains with real analytic boundaries (Kohn [6] , Diederich and Fornaess [4] ), and smooth bounded complete Reinhardt domains (Bell and Boas [2] 
all g E H(D)
. This can be proved using techniques similar to those used in [2] . The reverse inequality llgll, ^ C|||g||| s only holds if the Bergman projection associated to D satisfies an estimate of the form IIPφl^ < C||φ|| 5 . The norm ||| \\\ s has found fruitful application in the theory of boundary behavior of holomorphic mappings.
Our main theorem is a relatively simple consequence of the following lemma.
LEMMA. Suppose that D is a smooth bounded domain contained in C n which satisfies condition R and that s is a positive integer. There exists a positive integer M -M{s) and a constant C -C(s) such that for all g in H(D).
We shall now prove the theorem, assuming the lemma. The absolute value of this last integral is less than or equal to Finally, we must estimate \\u -Aφ\\ w s+M (D _ Ω y Now, for each positive integer /, there is a constant C t which does not depend on u such that II φ ||, < C, II u || , +β where β can be taken to be equal to (m -3)(m + 2)/2 (see [7] ). Hence,
where JV = 5 + M+2 + β. This completes the proof of the theorem. D
The proof of the theorem will be legitimate, once we establish the truth of the lemma. The proof of the lemma will be finished when we prove that \\G\\ _ S _ M < (constant) || g|| ^( Ω) where the constant is independent of g and Ω. Indeed, if φ E C 0°°( J9), then
(Cφ= [ GPφ
Hence, llgll^Q) ^ C|||g||| J+Λ/ . Since the constant C is independent of g and Ω, we obtain that \\g\\ s < C|||g||| J+Λ/ .
